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ABSTRACT. We investigate the evolution of probabilistic reasoning with age and some related biases, such 

as the negative/positive recency effects. Primary school children and college students were presented with 

probability tasks in which they were asked to estimate the likelihood of the next occurring event after a 

sequence of independent outcomes. Results indicate that older children perform better than younger children 

and college students. Concerning biases, the positive recency effect decreases with age whereas no age-

related differences are found for the negative recency effect. Theoretical and educational implications of 

results are discussed. 
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1. INTRODUCTION 

Cognitive heuristics 

Probabilistic thinking has been found to be related to cognitive heuristics. Heuristics 

sometimes lead to the desired result but their activation might produce systematic errors (Tversky 

& Kahneman 1974). The representativeness heuristic is well-known to affect probabilistic 

reasoning: people estimate the likelihood of an event by judging how well it represents its parent 

population; this heuristic can cause some predictable errors in certain situations. 
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The negative recency effect (or gambler’s fallacy) is another example. For instance, if a 

coin is flipped four times and there is a consecutive sequence of four tails, people commonly 

believe that heads is more likely to occur next. That is, the equal probability of either heads or 

tails is not considered. Rather, by applying the representativeness heuristic, the consecutive 

sequence of four tails is not representative of the expected 50 : 50 distribution. That is why, 

according to this heuristic, heads will follow so as to equilibrate the proportion. People become 

victims of the fallacy because they believe the likelihood of an event is related to the outcomes of 

previous tosses, i.e. the fact that single tosses are independent events is not taken into account. 

Research on recency biases 

Several studies have investigated negative recency effects in college students and 

children (Kahneman & Tversky 1972, Green 1982, Batanero, et al 1994, Konold 1995, Afantiti-

Lamprianou & Williams 2003). However, the effect of age has not been completely clarified. 

Fischbein & Schnarch’s study (1997) found that the negative recency effect decreases with age. In 

contrast, a recent study (Chiesi, et al 2007) reveals a negative recency bias in the performance of 

young children and adults, whereas older children are found to be almost immune to it. 

Another bias in probabilistic situations is the positive recency effect. For example, if a 

coin is flipped four times and a consecutive sequence of four tails is obtained, a person might 

have a different estimation of the probability due to the result of the sequence, and might believe 

that the coin is not fair, i.e., p(T) > p(H). In other words, past outcomes of random events are used 

as indicators of future events and, learning from experience, a particular outcome is considered to 

be more likely. It has been found, that from age ten positive recency is almost absent (Fischbein & 

Schnarch 1997), whereas younger children show this bias (Chiesi, et al 2007). 

Several criticisms have been reported relating to the notions of heuristics and biases. In 

the main, the adaptive value of heuristic modes of reasoning has been largely documented 

(Gigerenzer & Todd 1999, Evans & Over 1996). Whereas the relevance of these claims 

concerning human decision making cannot be discarded, those who teach probability have to deal 

with the following: students have intuitions on probability with a cognitive foundation (i.e., 

intuitions are not irrational). Intuitions may coincide with scientifically accepted statements, but 

may sometimes contradict them (Fischbein & Gazit 1984, Fischbein, et al 1991). Specifically, 

some probability rules are counter-intuitive, and consequently students are likely to have 

intuitions that are at variance with the commonly accepted reasoning; as a result probability is a 

hard subject to learn and teach (Kapadia & Borovcnik 1991, Shaughnessy 1992).  
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Starting from the assumption that intuitions on probability could impede learning 

probability, it becomes relevant to investigate students’ heuristic reasoning and biases. Italian 

national curricular programs (see Brengio, n. d.) include probability at primary school level 

starting from the third grade. Specifically, they include statistical surveys and their 

representations, some linguistic/conceptual issues related to possible, impossible, improbable 

events, and the development of judgment and estimation of odds under uncertainty through games 

of chance, in the context of the classical definition of probability. This content was firstly 

included in the 1985 reform, and more recently the importance of teaching these topics was 

stressed in the revised government program (Moratti 2004).  

The present study 

Our study is designed to describe primary school children’s ways of handling probability 

concepts such as the base-rate computation and the independence notion in order to evaluate the 

impact of teaching probability on intuitions comparing third graders (i.e. students before starting 

learning probability) and fifth graders (i.e. students after learning probability). In line with 

previous studies (Jacobs & Potenza 1991, Davidson 1995, Fischbein & Schnarch 1997, Morsanyi 

& Handley 2007, Chiesi, et al 2008), these topics are also investigated by comparing children and 

adults’ performance. Participants are asked to estimate the likelihood of the next result after a 

sequence of independent outcomes, in order to investigate both normative (i.e. correct 

responding) and heuristic reasoning (i.e. recency effects).  

In more detail, we present a marble bag game using different base-rates in combination 

with two different sequences of outcomes. Marble bags compared to tossing a regular coin have 

the advantage to allow for testing the response to proportions different from 50 : 50, and to 

compare the answers between equally likely and not equally likely proportions within the same 

task. Combining these base-rates with sequences of previous outcomes, different trials are 

obtained suitable to highlight if respondents take into account base-rates and the independence 

notion, or if they neglect them, relying on representativeness.  

Indeed, traditionally recency effects have been studied using the 50 : 50 proportions for 

the generating process in games like tossing a coin, or drawing from a bag with the same number 

of marbles of different colours. It may be argued that within a game situation, respondents 

interpret the task as a forced-choice, i.e. they have to choose one of the possibilities, and the 

answers cannot be clearly interpreted in terms of correct responding. When base-rate information 

does not help in choosing between the two options, the previous sequence of outcomes might 
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offer information to the respondent: on one hand, the choice might be oriented to making the 

sequence more representative of the parent population; on the other hand, the characteristic of the 

sequence of previous outcomes might be considered as the key to predict the future outcome.  

Both represent a departure from probability rules, i.e. notions such as base-rate 

information and independence are ignored, but it is not correct to interpret answers as errors since 

they might originate from a different perception of the task by the respondent (for a detailed 

discussion, see Borovcnik & Bentz 1991). Starting from this premise, we create conditions in 

which base-rates could help in making the decision, i.e. in which the more likely option was 

clearly triggered by the numerical information, and answers can be interpreted with less 

ambiguity in terms of correct/incorrect responding.  

In the present study primary school and college students are asked to estimate the 

likelihood of the next event after a sequence of independent outcomes. The task is created to 

highlight normative reasoning and the recency effects, and to explore age-related differences.  

 

 

2. METHOD 

Design of the present study 

The scope of our investigation is whether answers due to recency biases are related to 

gender or age. The use of classes allows the selection of gender in representative proportions; 

there should be no effects on the relation between abilities and gender, i.e. the influence factor 

gender would be represented well by the sampling procedure. With the influence of age, we 

would favour a longitudinal design, i.e. to follow up a well-selected cohort for a longer period, 

but this did not prove to be practical. We opt for a cross-age design; we choose deliberately 3 age 

groups and analyze the differences in age as if it were a development of the same group.  

The participants were 83 primary school children and college students. The primary 

school children were enrolled in Italian public schools that service families from the lower middle 

to middle socio-economic classes. All students were invited to participate; their parents were 

given information about the study. Nobody denied consent. The college students were enrolled in 

various degree programs (psychology, educational sciences, biology, and engineering) at the 

University of Florence. All were volunteers and did not receive any reward for participation in the 

study. The students, too, may be viewed as a sample of their age group studying at university. 
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Age group Label Participants in study Number Male Female Mean age SD 
                
3rd graders G3 Before first education – None 23 9 14 8.7 0.33
5th graders G5 After first education – Some topics studied 25 10 15 10.9 0.25

College C Mathematical issues done in education –  
School probability education completed 35 15 20 25.3 3.83

Table 1. Description of the three age groups. 

The three age groups intentionally included children before they were formally taught 

probability (third graders), children who have already been taught probability (fifth graders), and 

college students who have encountered mathematical issues related to probability during their 

school years. This should allow investigating also the effects of formal education in probability. 

Description of the experiment 

We use a game with marble bags that is suitable for both children and college students. 

Compared to the classic test involving the tossing of a coin, it allows base-rates different from 

equiprobability. The task is created by adapting teaching material presented in a book designed to 

introduce probability to primary school children (among others, Flaccavento Romano, Gervasoni, 

Tinelli, & Köhler 2005). The task is presented individually to each participant. It measures the 

ability to estimate the probability of a single event after a sequence of independent outcomes. The 

experimenter showing a power-point slide (Figure 1 a) reads out the following story: 

“Simon and John are playing together with a bag in which there are 15 Green and 15 Blue marbles. Simon 

drew marbles from the bag four times. Each time the drawn marble is put back into the bag. One after the other, Simon 

drew four Green marbles. What do you think is more likely Simon to draw next, a Blue or a Green marble, or is each 

colour marble just as likely?”  

Outcomes are independent because the number of marbles remains always the same since 

the marbles are replaced after each draw. In this way, the likelihood of the next occurring event 

has to be estimated upon the initial base-rate. Then, the experimenter, always showing a power-

point slide (Figure 1 b), tells that the protagonist of the story has repeated the game with the same 

bag, but in this case, he has obtained a different sequence of outcomes, that is four Blue marbles.  

greengreen
greengreen
greengreen
greengreen

1)_ _ _ _ _ _ _ 

2)_ _ _  _ _ _ _

3)_ _ _ _ _ _ _

4)_ _ _ _ _ _ _

 

blueblue
blueblue
blueblue
blueblue

1)_ _ _ _ _ _ 

2)_ _ _  _ _ _

3)_ _ _ _ _ _

4)_ _ _ _ _ _

 
Fig. 1 a. Sequence of Greens – .Click to enlarge Fig. 1 b. Sequence of Blues – .Click to enlarge
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The participants’ task is again to indicate what colour is more likely to come up next after 

this outcome. The two sequences (four B or four G) are randomly presented. Different trials are 

obtained using two other bags containing different proportions of the colours: One contains a 

prevalence of Green (21G & 9B), the other a prevalence of Blue (3G & 27B, see Figure 2 a).  

15 & 15 3 & 2721 & 9

Materials

 ??
??
??

??
??

??

15 & 15 3 & 2721 & 9

Task (6 trials)
BAG + SEQUENCE COMBINATIONSBAG + SEQUENCE COMBINATIONS

WhatWhat’’s the next one?s the next one?

 
Fig. 2 a. Bags with sequences offered - Click to enlarge. Fig. 2 b. Prediction tasks - Click to enlarge. 

The bags have proportions of colours that do not represent equiprobability. The three bags 

as well as the two sequences of outcomes are randomly presented. Thus, each participant gets six 

questions (Figure 2 b).The answers of each participant are recorded by the experimenter. 

 

 

3. RESULTS 

To analyze the extent to which the various biases are operating, different scores have 

been constructed. We add up the number of times, a student answers in accordance to some type 

of behaviour to measure the degree of this type. For answers in line with normative behaviour this 

means: the higher the scale, the higher the degree of this person to act normatively. 

Normative reasoning 

Answers are coded as correct when consistent with the normative rule: this means  

• answer “Equally likely” (G/B) when the bag has the same number of blue and green,  

• answer “Green” (G) when the bag has a prevalence of green,  

• answer “Blue” (B) when the bag had a prevalence of blue marbles.  

For each trial, the number of correct answers is counted inside each age group (Table 2). 

Results indicate that normative answers are less frequent in the equally likely (15B & 

15G) trials than in the not equally likely (21G & 9B; 3G & 27B) across age groups. This supports 

the hypothesis that respondents interpret the task as a forced-choice, i.e. they think that they have 

to choose only one of the two possibilities, and this is especially true for younger children.  
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Concerning trials different from equiprobability, older children give correct answers 

throughout the four trials, younger children answer correctly when the normative answer overlaps 

the positive recency answer (i.e. given the bag with 21 green and 9 blue marbles, and the four 

green outcomes, they choose the green option vs. given the bag with 3 green and 27 blue marbles, 

and the four blue outcomes, they choose the blue option).  

The correct answer decreases significantly in cases when normative and positive recency 

fall apart. Taking into account the entire pattern of answers across trials, we can argue that by and 

large only 40% of the younger students answer correctly taking into account the base-rates. An 

opposite pattern is found for college students; they give more correct answers when the normative 

options match the negative recency options, i.e. there seems to be a tendency to re-establish the 

representativeness of the sequence in college students’ answers across trials.  

  Normative reasoning

G3 G5 C Bag Sequence Answer 
% f % f % f 

           
           

0 0 40 18 40 14 15 BBB & 15 GG GGGGGGGG  
BBB   BBB   BBB   BBB   

GG = BBB 
GG = BBB 0 0 40 10 43 15 

           
           

83 19 84 21 40 14 21 GG & 9 BBB GGGGGGGG  
BBB   BBB   BBB   BBB   

GG 
GG

  

 
 
 

39 9 76 19 63 22 
   

 
      

          

44 10 72 18 66 23 3 GG & 27 BBB GGGGGGGG 
BBB   BBB   BBB   BBB   

BBB   
BBB 74 17 84 21 54 19 

 
 

 
 

 
 

 
 

 
 

 
 

 
 

 
 

 
 

Table 2. Normative Answers per Bag + Sequence in each Age group. 

Recency effects 

To examine the extent of positive recency bias, wrong answers consistent with the positive 

recency effect are counted. In the same way, wrong answers consistent with the negative recency 

effect are used to measure participants’ negative recency bias (Figures 3a and b). 

15 & 15 3 & 2721 & 9

Positive recency

 

15 & 15 3 & 2721 & 9

Negative recency

SCORINGSCORINGSCORINGSCORING

 
Fig. 3 a. Positive recency rationale - Click to enlarge. Fig. 3 b. Negative recency rationale - Click to enlarge. 
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In equally likely trials, for younger children, positive recency is predominant, for older 

children the two recency effects are equally frequent, whereas for college students answers due to 

negative recency are predominant. In not equally likely trials, for older children, the few incorrect 

answers are attributable to both recency effects, younger children answer consistently with 

recency effects, and college students give more negative recency answers (Tables 3a and b).  

  Positive recency

G3 G5 C Bag Sequence Answer 
% f % f % f 

           
           

70 16 32 8 17 6 15 BBB & 15 GG GGGGGGGG  
BBB   BBB   BBB   BBB   

GG 
BBB 61 14 28 7 14 5 

           
           

21 GG & 9 BBB BBB    BBB   BBB   BBB   BBB
 

 61 14 24 6 14 5 
  

  
  

 

 
 
 

 
 

 
 

 
 

 
 

 
 

 
  

3 GG & 27 BBB GGGGGGGG GG 57 31 28 7 14 5 
         
         

Table 3 a. Positive Recency Effect  per Bag + Sequence in each Age group. 
 

  Negative recency

G3 G5 C Bag Sequence Answer 
% f % f % f 

 
 

  
  

        
        

30 7 28 7 43 15 15 BBB & 15 GG GGGGGGGG  
BBB   BBB   BBB   BBB   

BBB   
GG 39 9 32 8 43 15 

 
 

  
  

  
  

 
 

 
 

 
 

 
 

 
 

 
 

21 GG & 9 BBB GGGGGGGG      BBB 17 4 16 4 34 12 
    

 
 

 
        

         

3 GG & 27 BBB BBB    BBB   BBB   BBB GG 26 6 16 4 20 7 
         
         

 

Table 3 b. Negative Recency Effect  per Bag + Sequence in each Age group. 

Equiprobability bias 

Beyond recency effects, some college students show a marked tendency towards 

equiprobability answers. According to such an equiprobability bias, persons tend to consider two 

offered possible outcomes as equally likely. Regardless of the actual green/blue proportion in the 

bags, the persons prefer the answer B/G (Table 4). That is why college students show a poorer 

performance than older children: Whereas the two groups do not differ in the predominance of 

positive and negative recency biases, the equiprobability bias weakens the performance of the 

college students. 
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  Equiprobability Bias 

C Bag Sequence Answer 
% f 

       
       

26 9 21 GG & 9 BBB GGGGGGGG  
BBB    BBB   BBB    BBB   

GG  B =BB 
GG  B =BB

 

 

 
 

23 8 
     

 
  

     

20 7 3 GG & 27 BBB GGGGGGGG 
BBB    BBB   BBB    BBB   

GG  B =BB 
GG  B =BB 26 9 

     
     

Table 4. Equiprobability Bias per Bag + Sequence in College students. 

Statistical analysis of gender- and age-related effects 

To examine the level of normative reasoning, and heuristic reasoning, composite scores 

are based on the sum of correct and recency answers (Klaczynski 2001). One point is given for 

each correct answer. The scores range from 0 to 6, higher scores indicating a higher level of 

normative reasoning. Concerning heuristic reasoning, one point is given to the participants for 

each wrong answer consistent with the positive recency effect. In the same way, one point is 

attributed for each wrong answer consistent with negative recency. Thus, two scores (Negative 

and Positive Recency) are obtained ranging from 0 to 4. Higher scores indicate a stronger bias 

towards the direction the score is measuring. To investigate the influence of gender, we control 

each score for gender; as a result, we find no significant differences related to gender. Hence, we 

reduce our preliminary plan of a two-way analysis of variance to the sole remaining factor of age.  

 Males Females 
  

Normative reasoning 3.37 1.72 3.04 1.51 
Positive recency 0.93 1.21 1.45 1.70 
Negative recency 1.30 1.20 1.13 1.47 
 M SD M SD 

Table 5. Effect of gender on types of reasoning. 

OneOne--Way Way ANANalysisalysis OOf f VAVArianceriance ((ANOVAANOVA))
• ANalysis Of VAriance (or ANOVA) is a powerful and common 

statistical procedure in the social sciences. One-way ANOVA is 
used to compare means of several groups, which are signified by 
different values of one grouping variable (factor).

• The reason this analysis is called Analysis of Variance rather than 
multi-group means analysis (or something like that) is because it 
compares group means by comparing variance estimates. 

• The comparison is made between the variance 
between the different groupsbetween the different groups (i.e. groups defined on the 
independent variable, such as treatment, age, gender) and
amongst all the individuals within those groupsamongst all the individuals within those groups (i.e. not due to 
group membership):
– Variance between groups > Variance within groups 

indicates significant differences between groups.
– Variance between groups < Variance within groups 

indicates non significant differences between groups.  

TamhaneTamhane's post's post--hoc testhoc test

If more than two groups are analyzed, the one-way 
ANOVA does not specifically indicate, 
which pairswhich pairs of groups areare significantly differentdifferent.
Post-hoc tests are applied to determine such pairs.
There are many post-hoc tests. The choice depends on 
characteristics of the data .

Tamhane's test is suitable also in case if 
group sizes and observed variances are unequalgroup sizes and observed variances are unequal.

 
 

Fig. 4 a. ANOVA scheme– Click to enlarge. Fig. 4 b. Tamhane post-hoc test – Click to enlarge. 
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Results show a significant effect of age on normative reasoning and on positive recency. 

No significant effect of age is found for negative recency; see the details in Table 6 and Figures 

5a–c. Tamhane post-hoc comparisons have been applied; significant rankings – designating 

significant differences between age groups are marked: ** (p < 0.01) or * (p < 0.05). 

 F(2, 76) p-values Effect size η2 G3 G5 C 
                    

Normative reasoning 12.7 < .001 .25 2.39 0.66 4.30 1.49 3.24 1.45 
Positive recency 13.9 < 0.001 .27 2.48 0.92 0.95 1.30 0.58 1.20 
Negative recency 1.2 0.30 .03 1.65 1.11 0.74 0.81 1.30 0.97 
    M SD M SD M SD 

Table 6. Effect of age on different types of reasoning. 

 

Normative reasoning  Positive recency  Negative recency  
 
 

 
 

 
 

  
  

   
   

  
  

  
  

 
 

 
 

  
  

    
    

 
 

  C       G5       G3     
<*  <*   <  <**   <  <   

G3  <**  G5   C  <**  G3   G5  <  C   
                     

G3 <* C <* G5  C< G5 <** G3  G5 < G3 < C  

      

Age G3 G5 C     G3 G5 C      G3 G5 C   
                     
                     

G3  <** <*    G3  >** >**     G3  > <   

G5   >*    G5   >     G5   <   

Table 7. Comparison of age groups for significance – Tamhane test. 
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Figure 5. Means for the various scores in dependence of age 

a. normative reasoning scores. b. positive recency bias scores.  c. negative recency bias scores. 
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4. DISCUSSION AND CONCLUSIONS 

Primary school and college students show both normative and heuristic reasoning when 

asked to estimate the likelihood of the next event after a sequence of independent outcomes.  

Age- and gender-related effects 

As hypothesized, gaming situations involving drawing from a bag containing the same 

quantity of two colours of marbles encourage the respondent to choose one of the possibilities. 

When base-rate information does not help in choosing between the two options, the previous 

sequence of outcomes might offer relevant information While we do not find any effects of 

gender, age considerably influences the answering behaviour: by and large, younger children 

intuitively estimate the probability of an event on previous outcomes (i.e. they continued the 

streak), older children were equally distributed in the two types of recency effects, and college 

students showed negative recency biases (i.e. they interrupted the streak).  

Concerning gaming situations with bags with different proportions of two colours, i.e. in 

which the more likely option was clearly triggered by the numerical information, the entire 

patterns of answers across the trials indicated that older children gave correct answers suggesting 

that they mainly rely on base-rates, taking into account the independence notion and disregarding 

the sequence of previous independent outcomes. Younger children tend to give positive recency 

answers, whereas college students, aiming to re-establish the representativeness of the sequence, 

showed negative recency biases.  

According to previous studies (Jacobs & Potenza 1991, Davidson 1995, Fischbein & 

Schnarch 1997, Morsanyi & Handley 2007), our results present a view of development of 

probabilistic reasoning that runs contrary to what is described by traditional developmental 

theories (Piaget & Inhelder 1975): Whereas an increase of the ability is found from younger to 

older children, aspects of college students’ performance seems to get worse with age. 

Younger children, who have not formally been taught in probability, show a poor 

performance. They rarely take base-rates into account; instead, they largely use the sequence of 

previous (independent) events as a cue to estimate the likelihood of future outcomes. On the one 

hand, it can be claimed that their heuristic mode of reasoning can be explained by the fact that 

they ignore the independence rule. On the other hand, it may be argued that the positive recency 

relies on a sound intuition about subjective probability, i.e. previous experiments can be used to 

estimate the probability of an event. This is an intuition that works for large samples, in 
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accordance with the law of large numbers, but may lead to incorrect answers when applied with 

small samples or given information – as the ones presented in this study.  

Older children, who have already been taught probability, perform well. They take the 

base-rates into account, and use them to make normatively correct decisions. As a consequence, 

older children use heuristic modes of reasoning less often than the other two groups.  

Ambiguous effects of teaching 

One possible explanation for the better achievement of older pupils of grade 5 might be 

the fact that they possess the skills needed to solve probability problems. As documented for 

different arithmetic skills (i.e. performance on equivalence problems, McNeil 2007), children 

seem to apply rules inflexibly while they are learning them and acquiring expertise. In this case, 

older children’s level of proficiency leads them to the correct answer, and the numerical 

information on base-rates overrides any other information (e.g. the sequence of independent 

previous outcomes). Nonetheless, sometimes they show the positive recency, as younger children, 

and the negative recency, as college students.  

However, the effect of teaching does not seem undisputed. College students show not 

only the negative recency, but also the equiprobability bias, which may be referred back to 

incomplete acquiring of the concepts they were taught as children. This equiprobability bias has 

been documented using different types of tasks such as the probability of outcomes obtained 

rolling two dice (Green 1982, Fischbein, et al 1991, William & Amir 1995, Batanero, et al 1996, 

Canizares & Batanero 1998), and it refers to the application of the notion of equal probability 

(each of the possible outcomes of an experiment has the same probability of occurring) in 

situations where the outcomes are not equally likely. This bias is based on a misunderstanding of 

the concept of randomness, and people focus entirely on the uncertainty and unpredictability 

aspect of probabilistic events.  

According to Lecoutre (1992), the equiprobability bias is a tendency of individuals to 

think of random events as “equiprobable” by nature, and to also judge outcomes that occur with 

different probabilities as equally likely. An increase in equiprobability bias in the course of 

education has been found in the case of both secondary school and university students (see e.g. 

Batanero, et al 1996), this bias is not only present after formal education in probability, but in fact 

could be a consequence of that formal education. 
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The present investigation supports the idea that the connection between age and 

probabilistic reasoning performance is mediated by the progressive acquisition of both 

probabilistic competencies and heuristic issues linked to the notion of probability. Young 

children’s heuristic reasoning seems to be caused by the lack of normative competence. Older 

children perform well applying learned rules. College students could be wrong since they acquire 

explicit theories of chance and probability, which lead to error, and it could be argued that these 

wrong theories arise from education. In sum, educational experiences succeed in establishing 

probabilistic thinking but formal conceptions sometimes have no lasting effect, and some biases 

could even arise from them.  

For this reason, probability is a hard subject to learn and to teach; secondary school and 

college teachers have to know that biases related to probability still remain after students are 

taught in probability, and moreover, some biases could arise from the learned but not fully 

acquired probability concepts. That is, they need to assess students’ conceptions about 

randomness and to discuss with them both the normative and the intuitive aspects comparing 

correct and wrong intuitions, correct and incorrect rule applications.  

Desiderata 

Future research should develop didactical activities and materials suitable for both 

younger and older students (even at college level) that could be used to both assess and discuss 

these topics. The aim is to enable students to reflect and acquire correct knowledge, and to deal 

with their intuitive ideas that could interfere with normative reasoning. In more detail, materials 

similar to those used in the present study could be prepared and tested, arranging situations with 

different proportions and different sequences of previous outcomes, in order to discuss the 

concepts of randomness, representativeness, and independence.  

Future research directions should also address the role of primary students’ mathematical 

skills (e.g. ratio and fraction ability) in order to evaluate the role of mathematical competencies 

on probabilistic reasoning related to this kind of task. That is, children should be asked to solve 

simple event probabilities in order to develop arithmetical proficiency, and to explore the extent 

that the ability to deal with fractions and ratios is missing and influences performance in this kind 

of tasks. In this way, it could be possible to ascertain if correct answers depend on mathematical 

skills, as well as if incorrect answers depend on the lack of these skills. In line with this position, 

achievement in mathematics should be taken into account in order to compare mathematical 

performance and probabilistic reasoning performance. 
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The design of the present experiment, including different base-rates and sequences of 

previous outcomes, enables reasoning processes to be explored without asking respondents for 

explanations in order to compare performance of children and adults, avoiding possible biases 

related to different levels of verbal and cognitive abilities. In particular, when children are asked 

to explain their answers, they show a tendency to take into account irrelevant aspects in order to 

embellish or make an explanation more interesting, and this might hide their actual reasoning. 

Nevertheless, for didactical purposes it could be interesting to ask respondents to justify their 

answers in order to discuss their intuitions and normative reasoning. One other area to explore is 

whether the order of tackling the tasks makes a difference in the responses obtained. 

Finally, there are some precautions about the interpretation of the data: 

• The small sample size allows for a high variability in the results, which may hinder their 

all-to-easy generalization. 

• The four marbles presented were all times of the same colour; this evokes an artificial 

touch to the experiment. Such results would not occur if we drew randomly from the 

bags. The effect of such a restriction of randomness on the answering behaviour of the 

children may only be hypothesized. 

• The age groups investigated serve only as hotspots. While they are chosen deliberately as 

before and after first elements and after formal education in the topic of probability, it 

would be advisable to investigate the development related to age more continuously.  

• Perhaps, only a long-term project following-up a carefully selected cohort of young 

children for 10 years may lead to insights into the actual development of children. 

In this way, the present work can be seen as an exploratory study. The results are 

convincing per se and yield new insights into the development of probability concepts with age. 

They also serve as a reminder to be careful about how to teach the basic concepts as – not fully 

understood – teaching might bias the further acquisition of concepts by learners. Our results await 

corroboration by further research. 

 

REFERENCES 
Afantiti-Lamprianou, T. & Williams, J. (2003). A Scale for Assessing Probabilistic Thinking and the Representativeness 

Tendency. Research in Mathematics Education, 5, 172-196. 

Batanero, C., Godino, J. D., Vallecillos, A., Green D. R., & Holmes, P. (1994). Errors and difficulties in understanding 

elementary statistical concepts. International Journal of Mathematics Education in Science and Technology, 

25, 527–547. Retrieved from http://www.ugr.es/~batanero/ARTICULOS/errors.PDF, July 10, 2009.  

 

http://www.ugr.es/%7Ebatanero/ARTICULOS/errors.PDF


Chiesi & Primi 163 

Batanero, C., Serrano. L., & Garfield, J. B. (1996). Heuristics and biases in secondary school students’ reasoning about 

probability. In L. Puig & A. Gutiérrez (Eds.), Proceedings of the 20th Conference on the International Group 

for the Psychology of Mathematics Education (pp. 51–59). Valencia: University of Valencia. 

Borovcnik, M. & Bentz, H.-J. (1991). Empirical research in understanding probability. In. R. Kapadia & M. Borovcnik 

(Eds.), Chance Encounters: Probability in Education (pp. 73–106). Dordrecht: Kluwer Academic Publishers. 

Brengio, E. (n. d.). Progetto Rhoda 'numeri con qualità'. Retrieved from http://www.rhoda.it/programm.htm; May 25, 

2009. 

Cañizares, M. J. & Batanero, C. (1998). A study on the stability of equiprobability bias in 10-14 year-old children. In L. 

Pereira-Mendoza (Ed.), Statistical education – Expanding the network. Proceedings of the Fifth International 

Conference on Teaching Statistics (pp. 1447–1448). Voorburg: International Statistical Institute. Retrieved 

from http://www.stat.auckland.ac.nz/~iase/publications/2/Topic10a.pdf, July 10, 2009.  

Chiesi, F., Gronchi, G. & Primi, C. (2008). Age-Trend related Differences in Task Involving Conjunctive Probabilistic 

Reasoning. Canadian Journal of Experimental Psychology, 62, 188–191. 

Chiesi, F., Primi, C. & Gronchi, G. (2007). Age trends in misconceptions related to representativeness heuristic. 

Presented at the Society for Research in Child Development, SRCD, Biennial Meeting, Boston. 

Davidson, D. (1995). The representativeness heuristics and the conjunction fallacy in children decision making. Merrill 

Palmer Quarterly, 41, 328–346.  

Evans, J. St. B. T. & Over, D. E. (1996). Rationality and reasoning. Hove: Psychology Press. 

Fischbein, E. (1975). The intuitive sources of probabilistic thinking in children. Dordrecht: Reidel.  

Fischbein, E. & Gazit, A. (1984). Does the teaching of probability improve probabilistic intuitions? Educational Studies 

in Mathematics, 15, 1–24.  

Fischbein, E. & Schnarch, D. (1997). The evolution with age of probabilistic, intuitively based misconceptions. Journal 

for Research in Mathematics Education, 28, 96–105 

Fischbein, E., Nello, M. S., & Marino, M. S. (1991). Factors affecting probabilistic judgments in children and 

adolescents. Educational Studies in Mathematics, 22, 523–549.  

Flaccavento Romano, G., Gervasoni, V., Tinelli, N., & Köhler, R. (2005). Amico sole – Matematica – Scienze – Storia – 

Geografia – Tecnologia. Milano: RCS Libri.  

Gigerenzer, G. & Todd, P. M. (1999). Fast and frugal heuristics: The adaptive toolbox. In G. Gigerenzer, et al (Eds), 

Simple heuristics that make us smart (pp. 3–34). New York: Oxford College Press. 

Green D. R. (1982). Probability concepts in 11-16 year old pupils (2nd ed). Loughborough: Centre for Advancement of 

Mathematical Education in Technology, College of Technology. 

Jacobs, J. E. & Potenza, M. (1991). The use of judgment heuristics to make social and object decision: A developmental 

perspective. Child Development, 62, 166–178.  

Kapadia, R. & Borovcnik, M. (1991). Chance Encounters: Probability in Education. Dordrecht: Kluwer Academic 

Publishers. 

 

http://www.rhoda.it/programm.htm
http://www.stat.auckland.ac.nz/%7Eiase/publications/2/Topic10a.pdf


International Electronic Journal of Mathematics Education / Vol.4 No.3, October 2009 164 

Kahneman, D. & Tversky, A. (1972). Subjective Probability: A Judgment of Representativeness. Cognitive Psychology, 

3, 430–453.

Kahneman, D., Slovic, P. & Tversky, A. (1982). Judgment under uncertainty: Heuristics and biases. Cambridge: 

Cambridge College Press. 

Klaczynski, P. A. (2001). Analytic and Heuristic Processing Influences on Adolescent Reasoning and Decision-Making. 

Child Development, 72, 844–861. 

Konold, C. (1995). Issues in Assessing Conceptual Understanding in Probability and Statistics. Journal of Statistics 

Education, 3(1). Retrieved from http://www.amstat.org/publications/jse/v3n1/konold.html, May 25, 2009. 

Konold, C., Lohmeier, J., Pollatsek, A., Well, A. D., Falk, R., & Lipson, A. (1991). Novice Views on Randomness. In R. 

G. Underhill (Ed.), Proc. 13° Annual Meeting of the Intern. Group for the Psychology of Mathematics 

Education (pp. 167–173). Blacksburg, VA: Polytechnic Institute and State College. 

Lecoutre, M. P. (1992). Cognitive models and problem spaces in “purely random” situations. Educational Studies in 

Mathematics, 23, 557–568. 

McNeil, N. M. (2007). U-shaped development in math: 7-year-olds outperform 9-year-olds on equivalence problems. 

Developmental Psychology, 43, 687–695. 

Moratti, L. (2004). Decreto Legislativo 59/04 applicativo della Riforma Moratti, Supplemento Ordinario, n. 31, 

Gazzetta Ufficiale, n. 51 (2.03.2004). 

Morsanyi, K. & Handley, S. J. (2007). Understanding the ups and the downs of reasoning in the course of development. 

Presented at the British Psychology Society, BPS, Developmental Section Conference, Plymouth. 

Piaget, J. & Inhelder, B. (1975). The origin of the idea of chance in children. London: Routledge & Kegan Paul. 

Shaughnessy, J. M. (1992). Research in probability and statistics. In D. A. Grouws (Ed.), Handbook of Research on 

mathematics teaching and learning (pp. 465–494). New York: MacMillan. 

Tversky, A. & Kahneman, D. (1974). Judgment under uncertainty: Heuristics and biases. Science, 185, 1124–1131. 

Williams, J. S. & Amir, G. S. (1995). 11–12 year old children’s informal knowledge and its influence on their formal 

probabilistic reasoning. Annual Meeting of the American Educational Research Association, San Francisco.  

 

 

ANNEX 

For the annex, follow this link. 

 

Authors  : Francesca Chiesi & Caterina Primi 

E-mail  : francesca.chiesi@unifi.it – primi@unifi.it

Address  : Dipartimento di Psicologia, Universitá degli Studi, Firenze, Italy 

 

http://www.amstat.org/publications/jse/v3n1/konold.html
mailto:francesca.chiesi@unifi.it


<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /All
  /Binding /Left
  /CalGrayProfile (Dot Gain 20%)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Warning
  /CompatibilityLevel 1.4
  /CompressObjects /Tags
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJDFFile false
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.0000
  /ColorConversionStrategy /LeaveColorUnchanged
  /DoThumbnails false
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams false
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 300
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 300
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /ColorImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 300
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 300
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 1200
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile ()
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /Description <<
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000500044004600206587686353ef901a8fc7684c976262535370673a548c002000700072006f006f00660065007200208fdb884c9ad88d2891cf62535370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef653ef5728684c9762537088686a5f548c002000700072006f006f00660065007200204e0a73725f979ad854c18cea7684521753706548679c300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /DAN <>
    /ESP <>
    /FRA <>
    /ITA <>
    /JPN <>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020b370c2a4d06cd0d10020d504b9b0d1300020bc0f0020ad50c815ae30c5d0c11c0020ace0d488c9c8b85c0020c778c1c4d560002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken voor kwaliteitsafdrukken op desktopprinters en proofers. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /PTB <>
    /SUO <>
    /SVE <>
    /ENU (Use these settings to create Adobe PDF documents for quality printing on desktop printers and proofers.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
    /DEU <>
  >>
  /Namespace [
    (Adobe)
    (Common)
    (1.0)
  ]
  /OtherNamespaces [
    <<
      /AsReaderSpreads false
      /CropImagesToFrames true
      /ErrorControl /WarnAndContinue
      /FlattenerIgnoreSpreadOverrides false
      /IncludeGuidesGrids false
      /IncludeNonPrinting false
      /IncludeSlug false
      /Namespace [
        (Adobe)
        (InDesign)
        (4.0)
      ]
      /OmitPlacedBitmaps false
      /OmitPlacedEPS false
      /OmitPlacedPDF false
      /SimulateOverprint /Legacy
    >>
    <<
      /AddBleedMarks false
      /AddColorBars false
      /AddCropMarks false
      /AddPageInfo false
      /AddRegMarks false
      /ConvertColors /NoConversion
      /DestinationProfileName ()
      /DestinationProfileSelector /NA
      /Downsample16BitImages true
      /FlattenerPreset <<
        /PresetSelector /MediumResolution
      >>
      /FormElements false
      /GenerateStructure true
      /IncludeBookmarks false
      /IncludeHyperlinks false
      /IncludeInteractive false
      /IncludeLayers false
      /IncludeProfiles true
      /MultimediaHandling /UseObjectSettings
      /Namespace [
        (Adobe)
        (CreativeSuite)
        (2.0)
      ]
      /PDFXOutputIntentProfileSelector /NA
      /PreserveEditing true
      /UntaggedCMYKHandling /LeaveUntagged
      /UntaggedRGBHandling /LeaveUntagged
      /UseDocumentBleed false
    >>
  ]
>> setdistillerparams
<<
  /HWResolution [4000 4000]
  /PageSize [612.000 792.000]
>> setpagedevice


